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Theorem [HHTU](2007)

f : M 2 → M 2 is a C1+α diffeomorphism then

#{SRB measures} ≤ 1
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example

∃f : M 2 → M 2 transitive s.t.

#{SRB measures} = 0

[HY1995]
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remark

µ ergodic SRB measure for f : M 2 → M 2

⇓

µ hyperbolic measure
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proposition 1

µ ergodic SRB for f .

Then ∃pµ ∈ PerH(f) such that

µ(Λ(pµ)) = 1
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proof

µ SRB measure
M ⊜ Λ1 ∪ Λ2 ∪ . . .

Pesin-Leddrappier
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proof

µ SRB measure
M ⊜ Λ(p1) ∪ Λ(p2) ∪ . . .

where pi ∈ PerH(f)

Pesin-Ledrappier-Katok
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sketch of the proof

µ,ν ergodic SRB

1 pµ ∼ pν ⇒ Λ(pµ) = Λ(pν)
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sketch of the proof

µ,ν ergodic SRB

1 pµ ∼ pν ⇒ Λ(pµ) = Λ(pν)

2 pµ ∼ pν

3 ν(Λ(pµ)) = 1 ⇒ ν = µ
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intersections

– p. 12/16



step 2

pµ

pν ◮ pµ, pν have homoclinic
intersections

◮ Rµ, Rν su-
rectangles

– p. 12/16



step 2

pµ

pν

◮ transitivity

– p. 12/16



step 2

pµ

pν

◮ transitivity

◮ W u(pν) ∩ W s(pν) 6=
∅

– p. 12/16



step 2

pµ

pν ◮ transitivity

◮ W u(pν) ∩ W s(pν) 6=
∅

– p. 12/16



step 2

pµ

◮ mu
p(Λ(p)) > 0

– p. 12/16



step 2

pµ

◮ mu
p(Λ(p)) > 0

◮ x → W s(x) is C1 in the
Pesin block

– p. 12/16



step 2

pµ

◮ mu
p(Λ(p)) > 0

◮ x → W s(x) is C1 in the
Pesin block

◮ W u(pν)∩W s(pµ)

– p. 12/16



step 2

pµ

◮ Sard’s theorem

– p. 12/16



step 2

pµ

W s(pµ) ◮ Sard’s theorem

◮ W s(pµ) approximates
W s(x)
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